Introduction
In the present paper we shall consider the following integral-functional equation To this end we shall use a variant of Banach's contraction principle from the paper [14] . In the second part of our paper we will be concerned with the existence and uniqueness of a solution of Picard problem for a differential-functional equation of hyperbolic type with connection to the equation (1).
The integral-functional equation
We will need the following assumptions: The proof of Theorem 1 directly follows from the variant of Banach's contraction principle from the paper [14] . Let (X, || • ||,-<, m) denote a Banach space of elements x € X, with a binary relation -< and a mapping m : X X. We shall assume that:
(i) the relation -< is transitive, (ii) the norm || • || is monotonie, (iii) 9 -< m(x) and ||m(x)|| = ||a;|| for each x £ X.
[14]). In the Banach space considered above, let the operators A : X -* X, A: X -> X be given with the following properties:
(iv) A is a linear bounded operator with the spectral radius r(A) less than 1,
Then the equation Ax = x has a unique solution in the space (X, ||*||, -< , m).
In our case X = L(D), the mapping (mu)(x,y) = |M(X,J/)|, and the relation -< is defined as follows: u -< v if and only if u(x,y) < v(x,y) almost everywhere on D. Clearly, the assumptions (i)-(vi) are satisfied. Particularly, in view of (3) and (4), the assumption (vi) is fulfilled. Hence, by Proposition 1, the equation (1) Remark. The fixed point theorems similar to Proposition 1 can be found for example in the papers [10] [11] [12] [13] .
Picard problem for a differential-functional equation of hyperbolic type
In this section we will be concerned with the following Picard problem where (x,y) 6 D, and /, h\,h,2,<T,w,r are given functions. The similar problems (without translation of arguments) have been considered for example in the papers [2] [3] [4] . The other results concerning the theory of partial differential equations with a deviated argument can be found for example in the papers [6] , [7] and in the book [1] . Particularly, in the paper [3] the author
has studied the equation
with the boundary condition (6) and under the assumptions of Carathéodory type. Using Schauder's fixed point theorem he has proved the existence of a solution of problem (7)- (6) . In this part of our paper we shall prove that the problem (5)- (6) has exactly one solution under the assumptions of Carathéodory type and Lipschitz condition, in suitable class of functions defined on D. By a solution of (5)- (6) we mean a function u(x, y), which satisfies the equation (5) Under above assumptions the problem (5)- (6) is equivalent to the integral equation (8) u(x,y) = x y
<r(x) + T(y)-<r(u(y))+ f f f(t,vMMt,v)Mt,v)))
dr)d^.
u(y) 0
The equation (8) is a particular case of (1). However, since (8) is a consequence of the problem (5)- (6), it is natural to look for its solutions in a class of more regular functions than L(D).
Every solution u(x,y) of (8) [3] , [4] ). We shall show that the operator A given by the formula (9) (Au)(x,y) = , for all (x,y,u) , (x,y,v) £ D X R we have (analogously to the case of operator (2)):
The linear operator A which corresponds to (9) has the form (4), but of course it maps C(D) into C(D). Thus we can formulate the following theorem.
THEOREM 2. If the conditions l°-4° are fulfilled and the spect of the operator A is less than 1, then the problem (5)-(6) ha solution in the space C(D).
The proof of this theorem is similar to that of Theorem 1, so it can be omitted.
An example of calculation of the spectral radius of operator (4)
Finally, we shal deal with calculation of the spectral radius of the op- Notice that if0<a<lor0</?<l, then the condition 4° is not satisfied. However, since we can apply the theorem on integration by substitution in this case, the operator (10) is bounded. To calculate r(A) we shall use Proposition 5 from the paper [5] . In the space L(D) let us choose the cone K of nonnegative functions. Obviously, K is normal and generating (see for example [9] ). Furthermore, the function u°(x,y) = 1 for (x,y) 6 D is an element of K and the operator (10) 
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Hence, for the operator (10) we get
x a(7+l)+ 7 +l yj 3(5+l)+i+l ( T + l)(5+l) a( 7 + l) + 7 + l ^(¿ + 1) + ^ + !' and generally for n G N, n > 1 we have (11) (A n u°)(x,y) = -Ji x a 'y b ', aia2...a n 0i&2••-o n where ai = 7 + 1, a n = aa n _i + 01,61 = S + 1, b n = f3b n -\ + 61. It follows immediately that for n > 1
. .a n bib 2 .. .b n (a n + l)(6 n + 1)
Since ||A n u°|| > 0 for every n G JV, we can calculate r(/l) as follows 
